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a b s t r a c t

The pressure fluctuation caused by the axial movement of the string easily causes the bottomhole
pressure to exceed the safe pressure window, which seriously restricts the horizontal open-hole
extension capacity (OHEC) of the offshore extended-reach horizontal wells (ERHWs). In this work, in
order to improve the horizontal OHEC for ERHWs, an optimal mud density model in extended-reach
horizontal drilling (ERHD) was established based on the prediction and analysis of horizontal OHEC
of ERHWs under string tripping operations. The results show that with the increase of mud density, the
horizontal OHEC has a trend of first increasing and then decreasing in both tripping operations and
casing tripping operations, and there exists an optimal mud density to maximize the horizontal OHEC.
The optimal mud density of the two operations is obtained when the horizontal OHEC of the two op-
erations is equal, and it is positively correlated with pull out of hole (POOH) speed, diameter of the
wellbore and drill string, whereas it is negatively correlated with diameter of the casing and casing
running speed. Controlling the tripping speed and optimizing the rheological properties are crucial to
improve the horizontal OHEC. This model can provide scientific basis for optimization design of ERHD
and the improvement of horizontal OHEC of ERHWs.

© 2026 Chinese Petroleum Society. Publishing services by Elsevier B.V. on behalf of KeAi
Communications Co. Ltd. This is an open access article under the CC BY-NC-ND license (http://

creativecommons.org/licenses/by-nc-nd/4.0/).

1. Introduction

To ensure the stable supply of global oil and gas resources, the
exploration and development of offshore oil and gas resources
have garnered significant attention (Melikoglu, 2018; Wada et al.,
2018; Wen et al., 2023; Chen et al., 2025). Notably, the progress in
ERHWs and cluster ERHWs has driven remarkable advancements
in offshore oil and gas development. These technologies play a
crucial role in the efficient development of marginal oilfields,
utilization of clean energy, resolution of maritime use conflicts,
expansion of platform coverage, and reduction of oil and gas
development costs (Lan et al., 2018; Chen et al., 2020, 2022).
However, compared to onshore fields, offshore drilling often faces

challenges such as significant water depths, soft and under-
compacted formations, which narrow the safe mud weight win-
dow (SMWW) and complicate mud density optimization (Rocha
et al., 2003a, 2003b; Willson et al., 2003; Yin et al., 2023). If the
mud density is too low, it can lead to wellbore instability and
overflow (Suo et al., 2024); if it is too high, it may cause lost cir-
culation. Therefore, to ensure the safety of drilling operations in
offshore ERHWs, a reasonable mud density must be determined to
prevent downhole accidents (Li et al., 2020; Song et al., 2016), the
mud density is directly related to OHEC of ERHWs. During tripping
operations, the axial motion of the drill string induces pressure
fluctuations, which can easily cause the bottomhole pressure to
exceed the safety pressure window (He et al., 2016), which typi-
cally results in a reduction of OHEC in ERHWs. Field practices
indicate that most downhole accidents, such as blowouts, over-
flows, wellbore collapse, and well leakage, often occur during
tripping operations (Tang et al., 2016), with over 25% of blowout
caused by excessive POOH speed of string generating suction
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pressure (Islam et al., 2017). To further enhance the OHEC of
ERHWs and reach deeper underground targets, it is necessary to
establish a method for optimizing drilling fluid density based on
the OHEC during string tripping operations.

Mason and Judzis (1998) proposed that the extension limit of
ERHWs can be divided into mechanical limit and wellbore stability
limit. Rocha et al. (2003a,b) subsequently identified annular pressure
loss asakey factor limiting theextensioncapacityofERHWs.Gaoetal.
(2009) systematically introduced the theoretical concept of the
extension limit for ERHWs and developed an open-hole extension
limitmodel. Livescuet al. (2014) investigated theopen-hole sectionof
ERHWs, identifying frictional torque and strength as key factors
affecting the extension limit of drill string. Huang et al. (2015)
developed a mechanical model for drill string buckling behavior in
horizontal wells and proposed criteria for determining and calcu-
lating mechanical extension limit. Chen and Gao (2016, 2018) pro-
vided a calculationmodel for the open-hole extension limitof ERHWs
targeting deep water environment and analyzed the impacts of for-
mationanisotropy. Li etal. (2017a)optimized theopen-holeextension
limitmodel for ERHWs, proposingoptimizationdesignprinciples and
control methods under subjective and objective constraints, while
also optimizing mud flow rate. Gao et al. (2019) suggested that the
proper use of drilling fluid density can also enhance the extension
limits during the drilling of ERHWs. Li et al. (2022) improved the
hydraulic extension limit of ERHWs by optimizing the string size,
achieving an enhancement of 18.47–22.69%. Shi et al. (2023) devel-
opedadynamicmodelofdrill stringequippedwithvibrationdampers
during ERHD and conducted research on optimizing excitation pa-
rametersand installationpositions.Wangetal. (2024)proposedusing
the maximum temperature endured by bottomhole assembly as a
constraint to optimize the drilling extension limit for geothermal
horizontal wells. Zhang et al. (2024) examined the relationship be-
tween wavy wellbore trajectories, open-hole extension limit, and
productiondistributionpatterns.However,noneof these studieshave
deeplyexploredtheoptimizationofmuddensity inERHWsdrilling. In
this paper, in order to improve the horizontal OHEC for ERHWs, an
optimal mud density model in ERHD was established based on the
prediction and analysis of horizontal OHEC of ERHWs under string
tripping operations. Themodel may provide a theoretical foundation
for optimizing mud density and enhancing OHEC in ERHD.

2. Optimal mud density model in ERHD

During string tripping operations, pressure fluctuations caused
by the axial movement of the string can easily exceed the range of
the safe pressure window at the bottomhole, leading to complex
downhole accidents such as overflow, well collapse, and lost cir-
culation (see Fig. 1), which significantly reduces the horizontal

OHEC in ERHD. The impact of drilling fluid density on OHEC in
ERHD varies under different string tripping conditions. To enhance
the extension capability in ERHD, it is necessary to establish an
optimal drilling fluid density model for string tripping operations.

2.1. Model assumptions

The following assumptions were made in this study.

(1) The density of the mud in the annulus remains constant
with changes in temperature and pressure.

(2) The effects of casing inner wall roughness, wellbore
roughness, and string connections on annular pressure loss
are neglected.

(3) Themud flow induced by pipe tripping is considered to be in
a turbulent state (Li et al., 2024; Zhang, 2023).

Given that the maximum horizontal OHEC is determined by the
dynamic balance of bottomhole pressure and wellbore stability
conditions, the optimal mud density model is primarily derived
from the constraints of bottomhole pressure dynamic balance and
the SMWW.

2.2. The predict model of OHEC during the operations of drilling

The transportation of cuttings in sections with large in-
clinations is challenging and can lead to the formation of a cuttings
bed in ERHD. This phenomenon significantly impacts the annular
pressure loss during circulation. If the bottomhole pressure during
drilling is maintained below the formation fracture pressure, the
OHEC can be assumed to increase continuously. The prediction
model for the horizontal OHEC during drilling is described as fol-
lows (Li et al., 2017b):

Ldri=
0:00981

(
ρf − ρsCs − ρm(1 − Cs)

)
Dv − Δpa

(Δp=ΔL)h
(1)

2.3. The predict model of OHEC during the operations of drill string
tripping

During POOH operation, suction pressure is generated at the
bottomhole. If the effective bottomhole pressure, defined as the
mud hydrostatic pressure minus the suction pressure, falls below
the formation pore pressure or the wellbore collapse pressure, a
kick or wellbore collapse may occur (Siddiqi et al., 2016). To pre-
vent kicks or wellbore collapse, the wellbore pressure must satisfy

Fig. 1. Wellbore instability caused by pressure fluctuation under string tripping operation in ERHD.

X. Chen, G. Li, Q. Yang et al. Petroleum Research 11 (2026) 995–1007

996



the following conditions:

gmax
(
ρc; ρp

)
Dv≤ gρmDv − psc (2)

During run in hole (RIH) process, surge pressure is generated at
the bottomhole. When the sum of the mud hydrostatic pressure
and surge pressure exceeds the formation fracture pressure, lost
circulation may occur. To prevent lost circulation, the bottomhole
pressure must satisfy the following conditions:

gρmDv+psx ≤ gρfDv (3)

Under tripping operations, Equations (2) and (3) can be refor-
mulated to represent critical conditions.

{psc = g
[
ρm − max

(
ρc; ρp

)]
Dv

psx = g
(

ρf − ρm
)
Dv

(4)

Generally, thesuctionpressureduringPOOHprocessandthesurge
pressure during RIH process occur in the vertical section, inclined
section, and horizontal section of the ERHWs, respectively. The suc-
tion pressure and surge pressure can be expressed as:

⎧
⎨

⎩

psc = Δph− qz +
∫

Δpqz(ρm; L)dL

psx = Δph− xz +
∫

Δpxz(ρm; L)dL
(5)

The suction pressure and surge pressure generated in the ver-
tical section and inclined sections are:
⎧
⎪⎪⎪⎪⎪⎨

⎪⎪⎪⎪⎪⎩

∫

Δpqz(ρm; L)dL =
∫ Lv+Ldi

0

2fqzρmv2qz

Do − Ddp
dL

∫

Δpxz(ρm; L)dL =
∫ Lv+Ldi

0

2fxzρmv2xz
Do − Ddp

dL

(6)

Annular friction coefficient can be expressed as:
⎧
⎪⎪⎪⎨

⎪⎪⎪⎩

fqz =
a

Rebqz

fxz =
a

Rebxz

(7)

For the power-law fluid, the Reynolds number of the mud
during tripping operation can be expressed as (Fan, 2014):

⎧
⎪⎪⎪⎪⎪⎪⎪⎪⎪⎨

⎪⎪⎪⎪⎪⎪⎪⎪⎪⎩

Reqz =
121− nρm

(
Do − Ddp

)n
v2− nqz

K
(
2n+1
3n

)n × 103− 3n

Rexz =
121− nρm

(
Do − Ddp

)n
v2− nxz

K
(
2n+1
3n

)n × 103− 3n

(8)

In the case of a small annular clearance, the annular mud flow rate
during tripping operation can be expressed as (Fan, 2014):
⎧
⎪⎪⎪⎪⎪⎪⎨

⎪⎪⎪⎪⎪⎪⎩

vqz = 1:5vph

(
D2dp

D2o − D2dp
+ 0:5

)

vxz = 1:5vrh

(
D2dp

D2o − D2dp
+ 0:5

) (9)

By solving the system of Equations (4)–(6), the suction pressure
and surge pressure caused by the horizontal section during the

tripping process under the critical conditions ensuring wellbore
stability can be obtained:

⎧
⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎨

⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎩

Δph− qz = g
[
ρm − max

(
ρc;ρp

)]
Dv

−

∫ Lv+Ldi

0

2fqzρmv2qz

Do − Ddp
dL

Δph− xz = g
(

ρf − ρm
)
Dv

−

∫ Lv+Ldi

0

2fxzρmv2xz
Do − Ddp

dL

(10)

The horizontal OHEC during POOH operation and RIH operation
can be expressed respectively as:

⎧
⎪⎪⎪⎪⎪⎪⎨

⎪⎪⎪⎪⎪⎪⎩

Lh− qz =
Δph− qz
(Δph− qz

ΔL

)

Lh− xz =
Δph− xz
(Δph− xz

ΔL

)

(11)

For turbulent flow conditions, the annular pressure loss
gradient in the horizontal section during tripping operations can
be expressed as:
⎧
⎪⎪⎪⎪⎪⎨

⎪⎪⎪⎪⎪⎩

Δph− qz
ΔL

=
2fqzρmv2qz

Do − Ddp

Δph− xz
ΔL

=
2fxzρmv2xz
Do − Ddp

(12)

Substituting Equations (11) and (12) into Equation (10), it can
be obtained:

⎧
⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎨

⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎩

Lh− qz =
gDv

(
Do − Ddp

)

2fqzv2qz
−

∫ Lv+Ldi
0

2fqzρmv2qz

Do − Ddp
dL

2fqzρmv2qz

Do − Ddp

−
1

ρm

gmax
(
ρc; ρp

)
Dv
(
Do − Ddp

)

2fqzv2qz

Lh− xz =
1

ρm

gρfDv
(
Do − Ddp

)

2fxzv2xz

−
gDv

(
Do − Ddp

)

2fxzv2xz
−

∫ Lv+Ldi
0

2fxzρmv2xz
Do − Ddp

dL

2fxzρmv2xz
Do − Ddp

(13)

Let A = −
g max(ρc ;ρp)Dv(Do − Ddp)

2fqzv2qz
, B =

gρfDv(Do − Ddp)
2fxzv2xz

,then by differ-

entiating Lh− qz、 Lh− xz with respect to the density ρm, it can be
obtained:
⎧
⎪⎪⎪⎪⎨

⎪⎪⎪⎪⎩

dLh− qz
dρm

= −
A

ρ2m
dLh− xz
dρm

= −
B

ρ2m

(14)

As A<0, B>0,thus dLh− qz
dρm

>0, dLh− xzdρm
<0,the horizontal OHEC under

the POOH operation will show an increasing trend, while the
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horizontal OHEC under the RIH operation will show a decreasing
trend. Therefore, there exists an optimal mud density that yields
the maximum horizontal OHEC.

Let Lh− qz = Lh− xz, by simplifying above formulas can be
obtained:

1
fqzv2qz

+
1

fxzv2xz
=

1
ρm

[
ρf
fxzv2xz

+
max

(
ρc; ρp

)

fqzv2qz

]

(15)

Introduce the parameter for tripping, ϕ = vxz=vqz and combine
Equations (7) and (8), then the ratio of the annular friction coef-
ficient when RIH operation to that when POOH operation is:

fxz
fqz

=
a

Rebxz

Rebqz
a

=

⎧
⎪⎪⎪⎪⎪⎨

⎪⎪⎪⎪⎪⎩

v2− nqz

v2− nxz
=

(
vxz

vqz

)n− 2
= ϕn− 2 (Re ≤ 2100)

v2b− nbqz

v2b− nbxz
=

(
vxz

vqz

)nb− 2b
= ϕnb− 2b (Re>2100)

(16)

Substituting Equation (16) into Equation (15) yields:
⎧
⎪⎪⎪⎪⎨

⎪⎪⎪⎪⎩

ρf + ϕn− 2 max
(
ρc; ρp

)

ρm
= 1+ ϕn− 2 (Re ≤ 2100)

ρf + ϕnb− 2b+2 max
(
ρc; ρp

)

ρm
= 1+ ϕnb− 2b+2 (Re>2100)

(17)

After rearranging, the optimal mud density for combined
tripping operations is obtained:

ρm=

⎧
⎪⎪⎪⎪⎪⎨

⎪⎪⎪⎪⎪⎩

ρf +ϕn− 2max
(
ρc;ρp

)

1+ϕn− 2
(Re≤2100)

ρf +ϕnb− 2b+2max
(
ρc;ρp

)

1+ϕnb− 2b+2
;b=0:25 − 0:143lgn (Re>2100)

(18)

2.4. The operations of casing tripping

Similar to the tripping process, in the operations of casing
tripping, the horizontal OHEC Lh− st during the casing pulling
condition and the horizontal OHEC Lh− xf during the casing running
condition can be expressed as (Xu et al., 2020):

⎧
⎪⎪⎪⎪⎪⎪⎪⎪⎪⎨

⎪⎪⎪⎪⎪⎪⎪⎪⎪⎩

Lh− st =
g
[
ρm − max

(
ρc; ρp

)]
Dv

2fstρmv2st
Do − Dcp

−

∫
Δpst(ρm; L)dL
2fstρmv2st
Do − Dcp

Lh− xf =
g
(

ρf − ρm
)
Dv

2fxfρmv2xf
Do − Dcp

−

∫
Δpxf(ρm; L)dL
2fxfρmv2xf
Do − Dcp

(19)

Among which:
⎧
⎪⎪⎪⎪⎨

⎪⎪⎪⎪⎩

∫

Δpst(ρm; L)dL =
∫ Lv+Ldi

0

2fstρmv2st
Do − Dcp

dL

∫

Δpxf(ρm; L)dL =
∫ Lv+Ldi

0

2fxfρmv2xf
Do − Dcp

dL

(20)

Substitute Equation (20) into Equation (19):

⎧
⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎨

⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎩

Lh− st =
gDv

(
Do − Dcp

)

2fstv2st
−

∫ Lv+Ldi
0

2fstρmv2st
Do − Dcp

dL

2fstρmv2st
Do − Dcp

−
1

ρm

gmax
(
ρc; ρp

)
Dv
(
Do − Dcp

)

2fstv2st

Lh− xf =
1

ρm

gρfDv
(
Do − Dcp

)

2fxfv2xf
−

∫ Lv+Ldi
0

2fxfρmv2xf
Do − Dcp

dL

2fxfρmv2xf
Do − Dcp

−
gDv

(
Do − Dcp

)

2fxfv2xf

(21)

Let Aʹ = −
g max(ρc ;ρp)Dv(Do − Dcp)

2fstv2st
, Bʹ =

gρfDv(Do − Dcp)
2fxf v2xf

,then by

differentiating Lh− st、 Lh− xf represent to the density ρm:
⎧
⎪⎪⎪⎪⎨

⎪⎪⎪⎪⎩

dLh− st
dρm

= −
Aʹ

ρ2m
dLh− xf
dρm

= −
Bʹ

ρ2m

(22)

As Aʹ <0, B́ >0,therefore dLh− st
dρm

>0, dLh− xfdρm
<0, Similar to the trip-

ping operation, there exists an optimal mud density in casing
tripping operations. The maximum horizontal OHEC can be ach-
ieved when this optimal mud density is used.

Let Lh− st = Lh− xf ,by simplifying above formulas can be
obtained:

1
fstv2st

+
1
fxfv2xf

=
1

ρm

[
ρf
fxfv2xf

+
max

(
ρc; ρp

)

fstv2st

]

(23)

Introduce the parameters for casing tripping. η = vxf=vst, then
the ratio of the annular friction coefficient when casing running
operation to that when pulling operation is:

fxf
fst

=
a

Rebxf

Rebst
a

=

⎧
⎪⎪⎪⎪⎪⎨

⎪⎪⎪⎪⎪⎩

v2− nst

v2− nxf

=

(
vxf

vst

)n− 2
= ηn− 2 (Re ≤ 2100)

v2b− nbst

v2b− nbxf

=

(
vxf

vst

)nb− 2b
= ηnb− 2b (Re>2100)

(24)

Substituting Equation (24) into Equation (23) yields:
⎧
⎪⎪⎪⎪⎨

⎪⎪⎪⎪⎩

ρf + ηn− 2 max
(
ρc; ρp

)

ρm
= 1+ ηn− 2 (Re ≤ 2100)

ρf + ηnb− 2b+2 max
(
ρc; ρp

)

ρm
= 1+ ηnb− 2b+2 (Re>2100)

(25)

After rearranging, the optimal mud density for the casing
tripping operation can be obtained:

ρm=

⎧
⎪⎪⎪⎪⎨

⎪⎪⎪⎪⎩

ρf +ηn− 2max
(
ρc;ρp

)

1+ηn− 2
(Re≤2100)

ρf +ηnb− 2b+2max
(
ρc;ρp

)

1+ηnb− 2b+2
;b=0:25 − 0:143lgn (Re>2100)

(26)
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2.5. Analysis of combined drilling operations

To further optimize the mud density, it is essential to consider
both tripping and casing tripping operations when establishing a
predictive model for the optimal mud density. According to field
practice, the optimal mud density under tripping conditions is
generally higher than under casing tripping conditions. There are
two possible scenarios, where Lh− qx represents the horizontal
OHEC during tripping operation, and Lh− tf represents the hori-
zontal OHEC during casing tripping operations, ρm− qx represents
the optimal drilling mud density during tripping operation, and
ρm− tf represents the optimal drilling mud density during casing
tripping operations.

(1) If the curve of Lh− qx does not intersect with the curve of Lh− tf
and Lh− qx is always greater than Lh− tf (see Fig. 2), then the
horizontal OHEC is solely controlled by the casing tripping
conditions. In this case, the maximum value of the curve
Lh− tf represents the maximum horizontal OHEC, and the
ρm− tf value represents the optimal mud density.

(2) If the curve of Lh− qx intersects with the curve of Lh− tf , there
are four possible scenarios:

Scenario a: There exists an optimal mud density, denoted as
ρm− com− optimal, which is jointly controlled by the RIH operation
and the casing pulling operation (see Fig. 3(a)).

Scenario b: There exists an optimal mud density, denoted as
ρm− com− optimal, which is jointly controlled by the POOH operation
and the casing running operation (see Fig. 3(b)).

Scenario c: The optimal mud density is the one from the casing
tripping operation. In this scenario, there is a maximum mud
density, above which the horizontal OHEC under the combined
operation will significantly decrease. This maximum density is
controlled by the RIH operation and the casing running operation.
The recommended mud density ranges from ρm− com− optimal to
ρm− com− max (see Fig. 3(c)).

Scenario d: The optimal mud density is the one from the casing
tripping operation. However, there exists a minimummud density,
below which the horizontal OHEC under the combined operation
will significantly decrease. This minimum density is jointly
controlled by the casing pulling operation and the POOH opera-
tion. The recommended mud density ranges from ρm− com− min to
ρm− com− optimal (see Fig. 3(d)).

In field conditions, the large diameter of the casing results
small annular space lead to significant axial pressure fluctuations
during casing tripping operations. This causes the horizontal OHEC
under casing tripping to be significantly lower than that under the
tripping operations. Additionally, the casing running speed is
generally higher than the casing pulling speed, exacerbating
pressure fluctuations during casing running. Consequently, the
optimal mud density for casing tripping operations is typically
lower than that for tripping operations, and the optimal mud
density for combined operations is usually smaller than that for
tripping operations alone.

In practical operations, due to the combined effects of the
above factors, the horizontal OHEC under the combined operation
is most often observed to follow scenario b. To determine the
optimal mud density for the combined operation, further detailed
analysis is needed. By solving the system of equations from
Equation (13) and Equation (19), the optimal density can be
obtained:
(
Do − Ddp

)[
ρm − max

(
ρc; ρp

)]

fqzv2qz
=

(
Do − Dcp

)(
ρf − ρm

)

fxfv2xf
(27)

By solving the system of equations from Equation (6), Equation
(7), and Equation (26), which can be obtained:

⎧
⎪⎪⎪⎪⎪⎨

⎪⎪⎪⎪⎪⎩

ρm − max
(
ρc; ρp

)

ρf − ρm
=

(
Do − Dcp
Do − Ddp

)n+1(
vxf

vqz

)− n

(Re ≤ 2100)

ρm − max
(
ρc; ρp

)

ρf − ρm
=

(
Do − Dcp
Do − Ddp

)nb+1(
vxf

vqz

)2b− nb− 2
;

b = 0:25 − 0:143 lg n (Re>2100)
(28)

The optimal mud density under the combined conditions is:

ρm− com=

⎧
⎪⎪⎪⎪⎪⎪⎪⎪⎪⎨

⎪⎪⎪⎪⎪⎪⎪⎪⎪⎩

ρf −
ρf − max

(
ρc; ρp

)

(
Do − Dcp
Do − Ddp

)n+1(
vxf

vqz

)− n

+ 1

(Re ≤ 2100)

ρf −
ρf − max

(
ρc; ρp

)

(
Do − Dcp
Do − Ddp

)nb+1(
vxf

vqz

)2b− nb− 2
+ 1

;

b = 0:25 − 0:143 lg n (Re>2100)
(29)

3. Application examples

3.1. Calculation of horizontal OHEC and the optimal mud density

A calculation and analysis of the horizontal OHEC and optimal
mud density for a ERHW in the South China Sea oil field was
conducted. The main data for the wellbore structure and drilling
parameters of this ERHW are shown in Fig. 4 and Table 1.

The horizontal OHEC variation with mud density was analyzed
during drilling, tripping and casing tripping operations (see Fig. 5),
the horizontal OHEC under tripping conditions initially increases
and then decreases with increasing mud density. This trend is due
to the cooperative effects of mud density on RIH and POOH pro-
cesses: higher mud density increases bottomhole pressure during
RIH, reducing horizontal OHEC by increasing wellbore fracture
risk, while it enhances horizontal OHEC during POOH byFig. 2. Horizontal OHEC under different scenarios without intersection.
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decreasing wellbore collapse risk. Thus, an optimal mud density
exists for maximum horizontal OHEC under tripping conditions.
When the mud density exceeds this critical value, the horizontal
OHEC under tripping conditions is controlled by the RIH process.
Similarly, the horizontal OHEC under casing tripping conditions
follows the same trend.

Analytical calculations show that without considering string
tripping conditions, the horizontal OHEC peaks at 2334 m with a
mud density of 1.28 g/cm3. However, when string tripping is
considered, the maximum horizontal OHEC is 1865 m at 1.33 g/
cm3 during tripping conditions and the maximum OHEC is 1693 m
at 1.29 g/cm3 during casing tripping conditions. For accurate pre-
diction, both drilling and string tripping conditions must be
considered. Ignoring string tripping pressure fluctuations can lead

to significant errors in OHEC prediction. The intersection of trip-
ping and casing tripping conditions represents the maximum
OHEC under combined scenarios, with an optimal mud density of
1.302 g/cm3 and a maximum OHEC of 1605 m. This value falls
within the SMWW. Notably, different string tripping speeds can
influence the optimal mud density to varying extents.

3.2. Comparison of measured downhole fluctuating pressure with
predicted results

As shown in Fig. 6, we compare the predicted pressure fluctu-
ations with the actual measured pressure fluctuations and
demonstrate the variations at different depths. The error between
the predicted and measured downhole pressure fluctuations is
within 10%, which is within the acceptable engineering error. The

Fig. 3. Horizontal OHEC under different intersection scenarios.

Fig. 4. Wellbore structure and wellbore trajectory diagram.

Table 1
Drilling parameters.

Parameters Values

Borehole vertical depth/m 1956
Consistency coefficient/(Pa⋅sn) 0.39
Mud flow rate/(L/s− 1) 30
Liquidity index 0.65
Mud density/(g⋅cm− 3) 1.25
Fracture pressure equivalent density/(g⋅cm− 3) 1.81
Pore pressure equivalent density/(g⋅cm− 3) 1.01
Collapse pressure equivalent density/(g⋅cm− 3) 1.05
Casing pulling speed/(m⋅s− 1) 0.15
Casing running speed/(m⋅s− 1) 0.3
POOH speed/(m⋅s− 1) 0.6
RIH speed/(m⋅s− 1) 0.8
Drill string diameter/mm 127
Rate of penetration (ROP)/(m⋅h− 1) 10
Drilling string rotation speed/rpm 100
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results show that the model predictions align well with the actual
measurement data, further validating the accuracy of our model.
Additionally, we have incorporated tripping speeds to illustrate
their relationship with the pressure fluctuations.

4. Correlation analysis

4.1. Sensitivity analysis of horizontal OHEC during drilling
operations

4.1.1. The effects of mud density and flow rate on horizontal OHEC
under drilling operation

As shown in Fig. 7, it can be observed that, at a constant mud
density, the horizontal OHEC first increases and then decreases
with an increase in mud flow rate. This is because, during the
drilling process, increasing the mud flow rate reduces the thick-
ness of the cuttings bed, thereby lowering the annular pressure
loss. However, when the thickness of the cuttings bed decreases to
a point where it no longer significantly affects the mud circulation
efficiency, further increasing the mud flow rate leads to a sharp

rise in annular pressure loss, which in turn leads to a decrease in
the horizontal OHEC. Specifically, as themud density increases, the
horizontal OHEC generally shows a decreasing trend. Particularly
under high-density conditions (such as 1.35 g/cm3), the horizontal
OHEC is almost zero.

4.1.2. The effects of ROP and drill string rotational speed on
horizontal OHEC under drilling operation

As shown in Fig. 8, the horizontal OHEC significantly increases
with increasing drill string rotational speed. This increase is
attributed to the effective disruption of the cuttings bed by the
rotating drill string, which reduces annular pressure loss. How-
ever, the enhancement of horizontal OHEC plateaus beyond a
certain rotational speed. For instance, at a ROP of 5 m/h, the hor-
izontal OHEC ceases to increase when the drill string speed ex-
ceeds 87 rpm. Excessively high rotational speeds can also
challenge the surface rig's torque capacity. Additionally, as ROP
increases, higher drill string speeds are required to prevent
excessive cuttings accumulation. For example, to achieve optimal
horizontal OHEC, the drill string speed must increase from 87 rpm
to 96 rpm when the ROP increases from 5 m/h to 10 m/h.

Fig. 5. Horizontal OHEC controlled by combined operating conditions.

Fig. 6. Measured and predicted verification analysis of bottomhole pressure during
tripping operations.

Fig. 7. Variations of horizontal OHEC with mud flow rate at different mud density
values.

Fig. 8. Variations of horizontal OHEC with drill string rotational speed at different
ROP values.
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4.2. Sensitivity analysis of horizontal OHEC under string tripping
operations

4.2.1. The effects of mud density and string tripping speed on
horizontal OHEC under string tripping operations

Surge pressures during RIH can induce wellbore fracturing,
whereas suctionpressuresduringPOOHmaycausewellborecollapse.
For a designed horizontal section length of 1500mand amuddensity
of 1.25g/cm3, themaximumsafe string tripping speedsareas follows:
RIH speed, 1.36 m/s (see Fig. 9(a)); POOH speed, 0.89 m/s (see
Fig. 9(b)); casing running speed, 0.58 m/s (see Fig. 9(c)); and casing
pulling speed, 0.21 m/s (see Fig. 9(d)). Tripping speeds should not
exceedthesemaximumsafevalues toensurewellborestability. Iffield
operations require increasing the casing pulling speed to 0.3m/s, the
mud density must be adjusted to 1.30 g/cm3 to maintain the design
requirements for thehorizontal section length.Additionally,whenthe
tripping speed increases, the fluid flow in certain sections of the
wellbore may transition from laminar to turbulent flow, leading to a
reduction in annular pressure loss, a decrease in bottom-hole pres-
sure, and an increase in OHEC. The interaction betweendifferent pipe
column compositions in multi-layered pipe strings may cause a
temporary “jump” inOHECat specificpoints, followedbya return toa
stable turbulent flow state. After three such jumps, the fluid in the
annulus will stabilize into a fully turbulent state.

4.2.2. The effects of mud flow behavior index and consistency
coefficient on horizontal OHEC under casing tripping operations

As shown in Fig. 10, the horizontal OHEC decreases significantly
with increasing consistency coefficient when the flow behavior
index of the mud is fixed. For casing tripping conditions, simula-
tions reveal that at a casing pulling speed of 0.6m/s and a designed
horizontal section length of 1500 m, a flow behavior index of 0.6
and a consistency coefficient of 0.1 just meet the casing pulling
requirements (see Fig. 10(d)). To improve this, the casing pulling
speed can be reduced, or the mud rheological property can be

adjusted. Specifically, lowering the flow behavior index to below
0.58 and increasing the consistency coefficient to 0.52 can stabilize
the open-hole wellbore during casing pulling. Therefore, during
tripping operations, the mud rheological properties should be
adjusted in real-time based on downhole conditions to ensure the
string reaches the designed measured depth.

4.2.3. The effect of drilling assembly on horizontal OHEC under
string tripping operations

As shown in Fig. 11, the field-used drilling assembly is 5000 m
5–7/8″ and 5″drill strings. During POOH operations at 0.95 m/s, the
horizontal OHEC is 927 m. Adjusting the assembly to 3000 m of
5–7/8″ drill string plus 5″ drill string allows meeting the required
tripping speed while satisfying the design requirements for the
1500 m horizontal section. During casing tripping, drilling as-
sembly adjustments have minimal impact on horizontal OHEC, as
pressure fluctuations and annular losses are primarily associated
with lowering the liner in the horizontal section. For a designed
horizontal section length of 1500 m (using a 5160 m 5–7/8″ heavy
drill string, 2983 m 5″ drill string and 7” liner), the casing running
speed should not exceed 0.57 m/s, and the casing pulling speed
should not exceed 0.21 m/s.

4.3. Sensitivity analysis of optimal mud density under combined
operations

4.3.1. Variation trends of optimal mud density under combined
operations with changes to POOH and casing running speed

As shown in Fig. 12, the optimal mud density under combined
conditions is influenced by casing running speed and POOH speed.
When casing running speed is constant, the optimal mud density
decreases with increasing POOH speed. Conversely, when POOH
speed is constant, the optimal mud density increases with casing
running speed, with the increasing trend gradually slowing down.
This is due to the reduction in horizontal OHEC caused by

Fig. 9. Variations of horizontal OHEC with string tripping speed under different mud density values.
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increased casing running speed, which shifts the intersection point
of horizontal OHEC for both conditions and results in a higher
optimal mud density. At relatively low POOH speeds, the optimal
mud density exhibits an upward concave trend as casing running
speed increases.

4.3.2. Variation trends of optimal mud density under combined
operations with measurement uncertainties to collapse
pressure、pore pressure and fracture pressure

As shown in Fig. 13, to evaluate the impact of measurement
uncertainties in formation properties on the optimal mud density,

Fig. 10. Variations of horizontal OHEC with consistency coefficient at different flow behavior index values under string tripping operations.

Fig. 11. Variations of horizontal OHEC with string tripping speed under different drilling assembly.
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we conducted a sensitivity analysis using Monte Carlo simulations
(Opoku et al., 2020; Williamson et al., 2006). A total of 1000
simulations were performed to assess the effects of uncertainties
in fracture pressure, pore pressure, and collapse pressure. The
simulation results showed that the optimal mud density averaged
1.2447 g/cm3 with a standard deviation of 0.0454, indicating that
the values were tightly concentrated around the mean.

As shown in Fig. 14, the sensitivity analysis revealed that frac-
ture pressure and collapse pressure are the most influential pa-
rameters on the optimal mud density, with Spearman correlation
coefficients of 0.66246 and 0.59541, respectively. These pressures
exhibited a strong positive correlation with the optimal mud
density, on the other hand, pore pressure showed a weaker in-
fluence, with a Spearman correlation coefficient of 0.27399.

4.3.3. Variation trends of optimal mud density under combined
operations with changes to POOH speed and changes in wellbore,
casing, and drill string diameter

As shown in Fig. 15(a)–(c), the optimal mud density under
combined conditions increases with POOH speed when the di-
ameters of wellbore, casing, and drill string are fixed, exhibiting a
convex upward trend. This trend is driven by the increasing hori-
zontal OHEC under POOH conditions with mud density. However,
as POOH speed rises, the rate of increase in horizontal OHEC slows,
shifting the intersection point of combined conditions to higher
mud densities. When POOH speed is fixed, the optimal mud den-
sity under combined conditions also increases with an increase in
wellbore diameter, a decrease in casing diameter, or an increase in
drill string diameter, albeit at a lower rate. This is attributed to the
reduced annular pressure loss resulting from the increased outer
diameter of the annulus. As mud density rises, the horizontal
OHEC under POOH conditions increases more rapidly than under
casing running conditions, where the rate of increase slows,
shifting the intersection point of combined conditions.

4.3.4. Variations trend of optimal mud density under combined
conditions with changes to casing running speed and changes in
wellbore, casing, and drill string diameter

As shown in Fig. 15(d)–(f), the optimal mud density under
combined conditions decreases with increasing casing running
speed when the diameters of wellbore, casing, and drill string are

Fig. 12. Variation trends of optimal mud density with POOH speed and casing running
speed under combined conditions.

Fig. 13. Optimal mud density considering the uncertainties of fracture pressure,
collapse pressure, and pore pressure.

Fig. 14. Statistical analysis of optimal mud density: Histogram, CDF, and PDF.
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fixed, exhibiting a concave upward trend. This decrease is due to
the reduction in horizontal OHEC under casing running conditions,
which shifts the intersection point of the two conditions to lower
mud densities. The rate of decrease in optimal mud density slows
with further increases in casing running speed, and the optimal
horizontal OHEC also decreases. When the casing running speed is
fixed, the optimal mud density under combined conditions in-
creases with an increase inwellbore and drill string diameters and
a decrease in casing diameter. This trend is attributed to the
reduced annular pressure loss resulting from the increased outer
diameter of the annulus. However, the rate of increase in optimal
mud density slows as these dimension change.

4.3.5. Variation trends of optimal mud density with changes to drill
string diameter under combined operating conditions

As shown in Fig. 16, variations in casing, wellbore, and drill
string diameters significantly influence the optimal mud density.
An increase in casing diameter reduces the annular space gap,
sharply decreasing the horizontal OHEC under casing running
conditions and shifting the optimal mud density to a lower value.
Changes in casing diameter have a particularly pronounced effect
on optimal mud density. With the increasing in drill string diam-
eter reduces the horizontal OHEC under POOH conditions, also
shifting the optimal mud density to a lower value. Conversely, an
increase in wellbore diameter widens the annular space gap,

Fig. 15. Variation trends of optimal mud density with multiple factors under combined operations.

Fig. 16. Variation trends of optimal mud density with string dimensions under combined operations.
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enhancing the horizontal OHEC for both tripping and casing
running conditions. However, the improvement in horizontal
OHEC is more significant under casing running conditions,
resulting in a lower optimal mud density. All in all, considering the
combined effects of casing, wellbore, and drill string diameters,
appropriate adjustments to mud density can effectively prevent
formation fracture and wellbore collapse, ensuring drilling safety.

5. Conclusions

(1) An optimal mud density model in ERHD was established
based on the prediction and analysis of horizontal OHEC of
ERHWs under string tripping operations. The analysis
revealed that the horizontal OHEC initially increases and
subsequently decreases with increasing mud density for
both tripping and casing tripping operations. Each operation
exhibits an optimal mud density that maximizes the OHEC
of horizontal ERHWs.

(2) Under combined operating conditions, the optimal mud
density can be categorized into two primary scenarios: In
the first scenario, the OHEC curves for tripping and casing
tripping operations do not intersect, and the optimal mud
density is determined solely by casing tripping operations.
In the second scenario, the OHEC curves intersect, resulting
in four subcases. In two subcases, the optimal mud density
is influenced by both tripping and casing tripping opera-
tions, whereas in the remaining two subcases, it is dictated
exclusively by casing tripping operations.

(3) The optimal mud density is positively correlated with POOH
speed, wellbore diameter and drill string diameter.
Conversely, it is negatively correlated with casing diameter
and casing running speed.

(4) Considering the uncertainties in the geological mechanical
parameters, the optimalmud density is positively correlated
with fracture pressure and collapse pressure, with sensi-
tivity decreasing in the order of fracture pressure, collapse
pressure, and pore pressure.

(5) It is important to note that the optimal mud density model
has a certain range of applicability. The likelihood of
encountering transitional flow during ERHD is low, and in
this study, we assume that the mud flow is in a turbulent
state. Additionally, the model does not account for the ef-
fects of formation heterogeneity and anisotropy along the
horizontal section.
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Nomenclature

a,b The empirical coefficients dependent on the fluidity
index of the mud, dimensionless

Cs The solid volumetric concentration, %
Dcp The outer diameter of the casing, mm
Ddp The outer diameter of the drill string, mm
D0 The outer diameter of the annulus, mm
Dv The vertical depth of the target level, m
fqz The friction coefficient in the annulus during POOH

operation, dimensionless
fst The dimensionless annular friction coefficient during

casing pulling operation
fxf The dimensionless annular friction coefficient during

casing running operation
fxz The friction coefficient in the annulus during RIH

operation, dimensionless
g The acceleration due to gravity, N/kg
k The consistency coefficient, Pa⋅sn

Ldi The length of the inclined section of the borehole, m
Lh− qx The horizontal OHEC during tripping operation, m
Lh− tf The horizontal OHEC during casing tripping operations,

m
Ldri The horizontal OHEC during drilling operation, m
Lv The length of the vertical section of the borehole, m
n The liquidity index, dimensionless
Δph− qz The suction pressure in the horizontal section during

tripping operation, MPa
Δph− xz The surge pressure in the horizontal section during

tripping operation, MPa
Δpa Total annular pressure drop, MPa
(Δp=ΔL)h The pressure loss gradients in horizontal section, MPa/

m
psc The suction pressure, MPa
psx The surge pressure, MPa
Reqz The Reynolds number of the mud during POOH

operation, dimensionless
Rexz The Reynolds number of the mud during RIH operation,

dimensionless
vph The POOH speed, m/s
vqz The flow velocity of the mud in the annulus during

POOH, m/s
vrh The RIH speed, m/s
vst The annular mud velocity during casing pulling

operation, m/s
vxf The annular drilling mud velocity during casing

running operation, m/s
vxz The flow velocity of the drilling mud in the annulus

during RIH operation, m/s
ΔPst The suction pressure under casing pulling operation,

MPa
ΔPxf The surge pressure under casing running operation,

MPa
ρc The collapse pressure equivalent density, g=cm3

ρf The fracture pressure equivalent density, g=cm3

ρm The mud density, g=cm3

ρm− tf The optimal mud density during casing tripping
operations, g=cm3

ρm− qx The optimal mud density during tripping operations,
g=cm3

ρp The pore pressure equivalent density, g=cm3

ρm− com− optimal The optimal mud density under the combined
operations, g=cm3
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